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Pr�blhma ��
Diatup�ste touc orismo�c twn pio k�tw�
�a� Epifaneiak� olokl�rwma bajmwt�c sun�rthshc� �m�
�b� Epifaneiak� olokl�rwma dianusmatik�c sun�rthshc� �m�
�g� Prosanatolism�nh epif�neia� 	m�
�d� Rujm�c ro�c dianusmatiko� ped	ou� 	m�
��������������������������������������������

�a� Epifaneiak� olokl�rwma bajmwt�c sun�rthshc

Estw h parametrikopoihm�nh epif�neia � � D � R� kai f bajmwt� ped	o orism�no sthn S��D��
To epifaneiak� olokl�rwma tou f p�nw sthn � or	zetai wc ex�c�Z

�
f dS �

Z
D

f jjTu �Tvjj dudv

�b� Epifaneiak� olokl�rwma dianusmatik�c sun�rthshc

Estw h parametrikopoihm�nh epif�neia� � D � R� kai F dianusmatik� ped	o orism�no sthn S��D��
To epifaneiak� olokl�rwma tou F p�nw sthn � or	zetai wc ex�c�Z

�
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Z
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F � �Tu � Tv� dudv

�g� Prosanatolism�nh epif�neia
Prosanatolism�nh epif�neia kalo�me mia d	pleurh epif�neia S sthn opo	a �qoume or	sei th mia
pleur� san jetik� �� exwterik�� kai thn �llh san arnhtik� �� eswterik�� kai �qoume epil�xei to
monadia	o k�jeto di�nusma n pou de	qnei apomakrun�meno ap� th jetik� pleur� thc S�

�d� Rujm�c ro�c dianusmatiko� ped	ou

EstwF dianusmatik� ped	o orism�no sthn prosanatolism�nh epif�neia S� To epifaneiak� olokl�rwma
tou F p�nw sthn S� Z

S

F � dS

kale	tai rujm�c ro�c tou F di� m�sou thc S�



Pr�blhma 	�
Na apodeiqje	 to je�rhma�
An F e	nai �na suneq�c dianusmatik� ped	o orism�no p�nw sthn prosanatolism�nh epif�neia S� t�teZ
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Estw � � D � S mia parametrikopo	hsh thc S pou diathre	 ton prosanatolism�� 
Eqoume t�teZ
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F � �Tu � Tv� dudv

�qrhsimopoi�same ton orism� tou epifaneiako� oloklhr�matoc dianusmatik�c sun�rthshc�� Epeid� h
� diathre	 ton prosanatolism�
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�qrhsimopoi�same ton orism� tou epifaneiako� oloklhr�matoc bajmwt�c sun�rthshc��
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Estw S h kulindrik� epif�neia pou or	zetai
ap� thn

x� � y� � � me � � z � � � y � �

kai e	nai prosanatolism�nh �tsi �ste to mo�
nadia	o k�jeto di�nusma na de	qnei proc ta
�xw� �pwc fa	netai sto sq�ma�

n

x

z

y

1

x
�
� y

�
��

�a� De	xte �ti h parametrikopo	hsh

��u� v� � �� cosu� � sinu� v� me � � u � � � � � v � � �

diathre� ton prosanatolism�� �
m�
�b� An fx�yz na upologiste	 to epifaneiak� olokl�rwmaZ
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�g� Na breje	 o rujm�c ro�c tou

F � �y i � �z � �� j � x k

di� m�sou thc S� 	�m�
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�a� Pr�pei na de	xoume �ti to Tu � Tv e	nai om�rropo me to monadia	o k�jeto di�nusma
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Epeid�
Tu � ��� sinu� � cos u� �� kai Tv � ��� �� ��

br	skoume �ti

Tu � Tv � �� sinu i� k � � cosu j� k � � cosu i � � sinu j ��
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Ta Tu � Tv kai n e	nai om�rropa� 
Ara h parametrikopo	hsh diathre	 ton prosanatolism��

�b� Br	skoume pr�ta th n�rma tou Tu �Tv�
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Gia to epifaneiak� olokl�rwma tou f br	skoume�Z
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�g� O rujm�c ro�c tou F di� m�sou thc S e	nai to epifaneiak� olokl�rwma
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