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Pr�blhma ��
Diatup�ste touc orismo�c twn pio k�tw�
�a� Grammik� j�kh	 �m�
�b� Grammik� anex�rthta stoiqe	a	 �m�
�g� B�sh dianusmatiko
 q�rou	 �m�
�d� Di�stash dianusmatiko
 q�rou	 �m�
��������������������������������������������

�a� 
Estw V grammik�c q�roc p�nw s�na s�ma K kai S�fu�� u�� � � � � umg na peperasmno
upos�nolo tou V 	 To s�nolo L�S� twn grammik�n sunduasm�n twn u�� u�� � � � � um sumbol�zetai
ep�shc me

�S� � �u�� u�� � � � � um� � ak�ma span�u�� u�� � � � � um�

kai kale�tai grammik� j�kh � per	blhma �linear span� twn u�� u�� � � � � um	

�b� 
Estw V grammik�c q�roc p�nw s�na s�ma K kai fu�� u�� � � � � ung� n � N na peperasmno
upos�nolo tou V 	 Ta dian�smata u�� u�� � � � � un lme �ti e�nai grammik� anex�rthta an isq�ei h
sunepagwg�

��u� � ��u� � � � � � �nun � � �� �� � �� � � � � � �n � � �

�g� 
Estw V grammik�c q�roc p�nw s�na s�ma K	 To peperasmno upos�nolo
A�fe�� e�� � � � � eng� n � N� tou V kale�tai �peperasmnh� b�sh tou V an ta e�� e�� � � � � en
�i� e�nai grammik� anex�rthta� kai
�ii� par�goun to q�ro V 	

�d� An o grammik�c q�roc V �� f�g qei mia b�sh me n � N stoiqe�a� o arijm�c n kale�tai di�stash
�dimension� tou V kai sumbol�zetai me

dimV � n �

An V�f�g� ja lme �ti h di�stash tou V e�nai mhdn	
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D�netai �ti o
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e�nai up�qwroc tou M���	 Na breje� mia b�sh kai h di�stash tou W 	 ��m�
��������������������������������������������


Ena �opoiod�pote� stoiqe�o tou W mpore� na grafe� wc ex�c�
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Parathro�me �ti to s�nolo twn
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par�gei ton W 	 Gia na e�nai to fE�� E�� E�g b�sh tou W prpei epiplon aut� na e�nai grammik�
anex�rthto�
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Ara to fE�� E�� E�g e�nai grammik� anex�rthto kai tsi apotele� b�sh tou W 	
�Ja mporo�same p�ntwc na parathr�soume �ti to genik� stoiqe�o tou W gr�fetai monos�manta san
grammik�c sunduasm�c twn E�� E� kai E�� op�te �s�mfwna me thn Pr	 �	�	�� to fE�� E�� E�g e�nai
b�sh tou W 	�

Gia th di�stash tou W qoume
dimW � 	 �



Pr�blhma ��

�a� Na deiqje� �ti to s�nolo A e�nai b�sh tou R��

A � f u� � ��� �� �� ��� u� � ��� �� �� ��� u� � ��� �� �� ��� u� � ��� �� �� ��g

��m�
�b� Na brejo�n oi suntetagm�nec tou u � ��� 
� 	� �� wc proc th b�sh A	 ��m�
��������������������������������������������

�a� To A apotele�tai ap� � stoiqe�a	 Epeid� dimR���� s�mfwna me to J	 �	�	� �ii� arke� na de�xoume
�ti to A e�nai grammik� anex�rthto�
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Ara to A e�nai grammik� anex�rthto kai tsi apotele� b�sh tou R�	

�b� Ja bro�me ta ��� ��� ��� �� gia ta opo�a isq�ei�

u � �� u� � �� u� � �� u� � �� u� ��
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Oi suntetagmnec tou u wc proc th b�sh A e�nai oi
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Pr�blhma ��
D�netai �ti ta s�nola
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e�nai up�qwroi tou M���	
�a� Na breje� mia b�sh kai h di�stash tou V�	 ��m�
�b� Na breje� mia b�sh kai h di�stash tou V�	 ��m�
�g� Na breje� mia b�sh kai h di�stash tou V� � V�	 ��m�
�d� Na breje� mia b�sh kai h di�stash tou V� � V�	 ��m�
��������������������������������������������

�a� To genik� stoiqe�o tou V� gr�fetai monos�manta san grammik�c sunduasm�c twn pin�kwn
E�� E�� E��
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Ara to s�nolo fE�� E�� E�g apotele� mia b�sh tou V� kai dimV���	

�b� To genik� stoiqe�o tou V� gr�fetai wc ex�c�
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To s�nolo fE�� E�g par�gei profan�c ton V� ka e�nai grammik� anex�rthto �afo� o E� den e�nai
bajmwt� pollapl�sio tou E��	 
Ara to fE�� E�g e�nai b�sh tou V� kai dimV���	

�g� 
Estw

A
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na stoiqe�o tou V�	 An A � V� � V� t�te prpei na e�nai ��� kai ���	 
Ara to genik� stoiqe�o tou
V� � V� e�nai thc morf�c 
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E�nai faner� �ti to fE�g apotele� mia b�sh tou V� � V� kai dim�V� � V����	

�d�
�oc tr�poc
Epeid�

dim�V� � V�� � dimV� � dimV� � dim�V� � V�� � 	 � 
 � � � �

kai o V� � V� e�nai up�qwroc tou M��� pou qei di�stash �� sumpera�noume �ti V� � V��M���	 Mia
b�sh tou V� � V� e�nai h sun�jhc b�sh tou M����
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H nwsh twn b�sewn twn V� kai V� par�gei profan�c ton V� � V�	 Afo� o E� an�kei kai stic d�o
b�seic to s�nolo aut� apotele�tai ap� tssera stoiqe�a�

fE�� E�� E�� E�g �

Ja de�xoume �ti to pio p�nw s�nolo e�nai grammik� anex�rthto�
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Ara to fE�� E�� E�� E�g e�nai grammik� anex�rthto kai tsi apotele� b�sh tou V� � V�	 
Eqoume
ep�shc dim�V� � V����� op�te sumpera�noume ek nou �ti V� � V��M���	


